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Chapter 1

Introduction

Arthur Samuel, machine learning pioneer, stated in 1983 that the main goal of machine
learning and artificial intelligence is “to get machines to exhibit behaviour, which if done
by humans, would be assumed to involve the use of intelligence” [39]. Genetic programming
(GP) is one of the methods developed as an attempt to fulfil this vison. GP was designed
to automatically generate desired programs without asking the user to specify how to do
it. GP has been used to solve a wide range of practical problems and produce a number of
human-competitive results in different fields. GP is predominantly used to create computer
programs, but for example, competitive digital circuits were evolved as well [38].

An interesting and practically untouched question (see Chapter 2.4.1) is whether for a
given problem, GP can generate a highly optimized programmable computational model
(platform) together with a program running on the platform, solving the problem and sat-
isfying all constrains such as on the area and speed. In a multi-objective scenario, the user
would obtain a set of non-dominated solutions showing various trade-offs between resources
(the area, power consumption) and performance (the speed of execution). From the com-
puter architecture perspective, this problem can be seen as a concurrent development of
hardware and software, simply, HW/SW codesign. This thesis explores the ways how to
evolve hardware platforms together with programs in the case that the specification is given
in terms of a set of desired input-output responses.

This research was motivated by practical problems in the area of design and optimization
of small industrial HW/SW systems. During the last three decades the use of electronics
in devices of everyday use started to grow rapidly. These devices are often constructed
as embedded or cyber-physical systems based on universal processors. It is predicted that
the number of such systems will be significantly growing with the development of the
internet of things (IoT) [55]. However, there are many applications in which it is too
expensive or impractical to employ a general purpose processor programmed to perform a
given task. For example, in small electronic subsystems such as sensors, it is often impossible
to perform basic signal processing on a processor because of its relatively high cost. Even
specialized iterative solutions based on the famous Cordic algorithm [51] are prohibited in
some applications due to hard area constraints.

Due to the limitations mentioned, microprogram architectures are often employed in
such applications. The arithmetic functions are computed in iterations by means of a simple
ALU and a set of registers. Their control is carried out by a programmable logic controller.
The overall architecture is highly optimized for a particular application. The designer
has to determine the number of registers and their bit width, the set of functions of ALU,
interconnection options (allowed by multiplexers) etc. The hardware architecture influences
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the choice of the instruction set of the controller and vice versa. The program length and
time of execution are determined by available hardware resources as well as the instruction
set. Because of very specific and application dependent features, this kind of subsystems is
predominantly designed and optimized manually which requires an extraordinary effort of
a highly qualified designer.

In general, the design and optimization of such HW/SW systems is a very challenging
task for evolutionary computing. However, because we will deal with relatively small-
size applications and some parts of the hardware architecture can be predesigned, the
evolutionary approach seems to be, in principle, applicable.

1.1 Research Objectives
The main objective of this thesis is to investigate whether and to what extent an evo-
lutionary design based method can evolve a program concurrently with a programmable
computational platform in such a way that, at the end, the user is provided with various
optimized HW/SW implementations showing competitive trade-offs between key system
parameters. As this ultimate objective is a really challenging research problem, it was split
to following partial sub-goals:

1. Identify a suitable computational model and evolutionary program design method
that can be combined to automatically evolve and optimize HW/SW systems from
behavioral specifications.

2. Develop and implement an experimental framework that enables automated design,
optimization and evaluation of HW/SW systems.

3. Perform initial experiments with the framework using small problem instances and
compare the results with outcomes of available evolutionary computation based meth-
ods.

4. Extend and tune the framework in order to (i) eliminate the problems encountered
when performing the initial experiments and (ii) solve more complex problem in-
stances.

5. Evaluate the extended framework in the design and optimization of more complex
HW/SW systems.
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Chapter 2

Definitions

The thesis deals with the evolutionary design and optimization of microprogram architec-
tures. As this topic is closely related to hardware and software evolution, this chapter
contains the basic information about the needed parts. Chapters 2.1 and 2.2 provide an
introduction to evolutionary computation and its use in optimization of real world prob-
lems. There is an overview of some common variants of evolutionary algorithms. Then
the symbolic regression problem is described and genetic programming (and its common
variants) is introduced. Finally, the importance of multicriterial optimization is discussed,
together with an NSGA II algorithm that can be used for this purpose. The hardware
related part is described in Chapter 2.3. After introducing basic architectures available for
hardware design, their pros and cons are discussed. Then the design process of a system
containing HW and SW is described and the problems connected to this field are discussed.
Finally, Chapters 2.4 and 2.4.1 summarize the state of the art in the use of evolutionary
techniques in the field of hardware design and hardware/software co-design.

2.1 Optimization problem
The evolutionary algorithms are often used as a heuristics for solving real-world optimiza-
tion problems. Based on the representation of variables (i.e. whether they are discrete or
continuous), the optimization problems can be divided to three subsets – combinatorial,
continuous and hybrid optimization problems. The thesis focuses on the continuous op-
timization problems subset. A continuous optimization problem [6] has usually the
form of minimizing 𝑓0(𝑥) subject to 𝑓𝑖(𝑥) ≤ 𝑏𝑖, 𝑖 = 1, . . .𝑚, where

∙ 𝑥 = (𝑥1, . . . , 𝑥𝑛) is the optimization variable,

∙ 𝑓0 : R𝑛 → R is the objective function,

∙ 𝑓𝑖 : R𝑛 → R, 𝑖 = 1, . . . ,𝑚 are the constraint functions and

∙ 𝑏1, . . . , 𝑏𝑚 are bounds for the constraints.

There are several classes of optimization problems that are characterized by particular
forms of the objective and constraint functions. Some of those classes can be solved numer-
ically in a reasonable time even for a large number of variables. On the other hand, there
are some problem classes that cannot be solved exactly for a larger number of variables
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Figure 2.1: Schema of an evolutionary algorithm

in a reasonable (e.g. polynomial) time. These are the domains, where the use of various
heuristics such as simulated annealing or evolutionary algorithms has proven to be useful.

There are many classes of optimization problems, where the EAs have been successfully
used, for example Data fitting [18, 24] or circuit design [48, 42]. The following parts
contains a brief description of evolutionary algorithm and some of its particular variants.

2.2 Evolutionary Algorithms
The evolutionary computation is a research and application field, in which search algo-
rithms inspired in biological evolution are studied and applied. These algorithms are usu-
ally population-based and perform a guided random search of particular’s problem state
space. The evolutionary computation as a whole discipline can be further divided to various
sub-areas, such as genetic algorithms, genetic programming, differential evolution, swarm
intelligence and grammatical evolution. The following sections briefly describe those parts
of the evolutionary computation that are relevant for the thesis.

The evolutionary algorithm (EA) is a general name for a class of algorithms based on
Darwin’s principle of natural selection. All the variants of evolutionary algorithms share
the same basic principles. The overall principle of the EA is depicted in Figure 2.1. Given
a population of individuals (represented by a finite genotypes), the selection pressure is
applied that causes a natural selection. It means, that the individuals better adapted to
the environment (the score is given by a fitness function) have higher chance to survive
and produce offspring. Based on their fitness values, the individuals are chosen to produce
the next population. Some biologically inspired mechanisms (variation operators), such as
recombination and mutation are applied to generate the new offspring which then compete
with the old individuals for their place in a new population. This process is repeated until
a solution is found or some time limit is reached.

Variation operators are used to generate the new individuals from the parents. There-
fore the variation operators are responsible for creating the diversity of a population. Thus
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they provide the means of how to escape from the local optimum. A genetic operator ap-
plied to one individual is called a mutation. The mutation is a stochastic operation that is
supposed to cause a random unbiased change (usually atomic) in the genotype. A recom-
bination operator (crossover) is applied to two or more individuals. It can be thought of as
an imitation of sexual reproduction in nature. The offspring are generated by combining
parts of the parents.

Survivor selection (or replacement) takes place after the offspring are generated. For
the population size to remain constant, it is necessary to select, which individuals will be
retained in the population. Generally the best individuals are chosen to form the next
generation.

Termination condition is used to ensure the algorithm will stop. A typical termina-
tion criterion is based upon the objective function (i.e. when the best-scored individual is
sufficient). As this condition does not have to be fulfilled, there can be other conditions
ensuring the algorithm will stop. These conditions can, for example, limit the maximum
number of generations or terminate the evolution in the case the population is stagnating
(i.e. the best individual fitness does not improve).

2.2.1 Evolutionary Algorithm Variants

The variants of an evolutionary algorithm usually differ in a representation and genetic
operators used. The following paragraphs describe some of the most common variants.

Genetic Algorithms

In genetic algorithm (GA) the individuals are usually represented by a fixed-length array
of bits. The genetic operators are applied to the genotypes rather than phenotypes. GAs
are usually used with bit mutation, crossover and roulette wheel or tournament selection.
The GAs have been used in various domains. They are particularly suitable for problems
with complex fitness landscape as the algorithm is designed to move the population away
from the local optima (by using the genetic operators), where a traditional hill climbing
algorithm could get stuck.

Evolution Strategies

The evolution strategies (ES) employ a genotype represented by an array of real values.
These values encode the parameters of a solution. During the evolution, the selection,
mutation and optionally crossover operators are used. The mutation is usually performed
by adding a normally distributed random value to each of the real values in the genotype.

The main feature of ES is that the individual does not only represent a point in a search
space. It also contains a set of control (or strategy) parameters, for example, a standard
deviation of a normal distribution that is used to perform a mutation. These parameters
are evolved together with the individual. This process is called self-adaptation.

Currently, two major selection methods are used: (𝜇 + 𝜆) and (𝜇, 𝜆). The (𝜇 + 𝜆) ES
selects the best 𝜇 individuals from the populations of parents and offspring. The (𝜇, 𝜆) ES
chooses the best 𝜇 individuals just from the offspring population.
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Genetic Programming

Although the genetic algorithms and evolution strategies can be successfully used for prob-
lems such as data fitting, there are some problems, where the pure optimization of the
parameters is not sufficient. One of these problems is a symbolic regression. Basically,
the input values are the same as in data fitting – a set of observed and expected values. In
contrast to data fitting, the symbolic regression is not just the optimization of parameters
of a chosen model. Its purpose is to find the appropriate model and its parameters.

GP may be generally defined as an evolution of programs for the purpose of inductive
learning disregarding the genome representation. The modern genetic programming was
used for the first time in 1985 by Nichael L. Cramer [12] and then further expanded by John
R. Koza in the 90’s [27]. The GP was, at first, used for simple problems, but was later used
to evolve even human-competitive or patentable inventions [28]. Various GP approaches
can be distinguished according to their chromosome representation. These methods are
discussed in the following parts. The process of the evolution is basically the same as in
GA.

Tree-based Genetic Programming (TGP) is the most common approach to genetic
programming. The individuals are represented by a tree structure. This structure corre-
sponds to an abstract syntax tree, where the inner nodes represent functions whereas input
values and constants are located at leaf nodes. The evaluation is performed by a pre-order
or post-order traversal of a tree when the nodes are evaluated using the resulting values of
their child nodes. The root therefore holds the final result.

The crossover operation is depicted in Figure 2.2. One node is selected in each of the
parents and the offspring are created by swapping the subtrees with the roots at selected
nodes. The mutation operator randomly mutates a randomly chosen part of a tree. It
can either replace the node with random node of a same type (terminal/nonterminal) or
generate a completely new subtree at the point chosen.

Linear Genetic Programming operates with the individuals represented by a se-
quence of instructions in machine code. The basics of this method were proposed by Cramer
[12]. The programs represented by the individuals can be executed on a von Neumann ar-
chitecture composed of a processing unit (containing an arithmetic-logic unit), registers,
control unit and memory. The memory holds the data and the instructions. The instruc-
tions basically perform an operation upon their operands, which usually originate from
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Figure 2.3: Crossover of two LGP individuals

registers and store the result to a chosen register. Branching instruction is usually realised
by some kind of the if–else–endif block.

The crossover operation is implemented by a two-point linear crossover in LGP [4].
Figure 2.3 illustrates such a crossover. The mutation operation usually operates at the
level of instructions. The instruction undergoing a mutation is chosen randomly and then
the operator, source registers or destination register can be replaced by another item from
the appropriate sets.

Cartesian Genetic Programming (CGP) is one of the most recent variants of GP.
CGP was invented by Julian Miller and Peter Thompson in 1999 [33]. It encodes an 𝑛𝑖

input, 𝑛𝑜 output program using a graph representation. More formally the individual can
be thought of as an array of programmable nodes with 𝑛𝑐 columns and 𝑛𝑟 rows. Each
node is described by a function it implements and by the connections of its inputs. Each
of the inputs can be connected either to one of the primary inputs of a program or to the
output of some preceding node (i.e. no cycles are allowed in the graph). Each node can
be, therefore, described by a set of 𝑛𝑎 + 1 integers, where 𝑛𝑎 is the number of node inputs
(i.e. the arity of the function). The last integer represents the node function. The whole
program is hence encoded by 𝑛𝑐 ·𝑛𝑟 ·(𝑛𝑎+1)+𝑛𝑜 integers, where the last 𝑛𝑜 integers specify
the indices of the nodes whose outputs are taken as program primary outputs.

The mutation operator was the only variation operator in the original CGP version. It
operates at the level of individual nodes, where it changes either the function of a node or
its inputs. Another type of mutation is the change of output nodes encoded at the end of
a chromosome. The search method is based on a simple (1 + 𝜆) search strategy, where 𝜆 is
typically less than 10.

CGP has been shown to perform comparably to traditional GP. CGP is popular and
quite successful in evolutionary design, optimization and approximation of digital circuits
[23, 32, 50]. Many of its variants have emerged, for example Modular CGP (MCGP) [52],
Embedded CGP (ECGP) [25] or Self-modifying CGP (SMCGP) [20] [19].

2.2.2 Multi-objective Optimization

Many real world problems have more than one objective function that have to be addressed
in the fitness function. The objectives of the optimization problem can be even conflict-
ing (i.e. there is some trade-off between them). An example would be maximizing the
performance of the engine, while keeping the fuel consumption and emissions low. A multi-
objective optimization problem can be formally defined as [13] 𝑚𝑖𝑛(𝑓1(𝑥), 𝑓2(𝑥), . . . , 𝑓𝑘(𝑥)),
where 𝑘 is the number of objectives and 𝑥 ∈ 𝑋 is an element of a set X, which is the feasible
set of decision vectors (with respect to problem constraints including inequalities, equalities
and integer constraints). In the case that some objective function 𝑓𝑗(𝑥) is to be maximized,
it is equivalent to minimizing the −𝑓𝑗(𝑥).
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For non-trivial multi-objective optimization problems, there is usually no global opti-
mum optimizing all the objectives at once. In such case, the comparison of solutions can be
based on the idea of Pareto dominance. A solution 𝑥′ is said to dominate another solution
𝑥′′ if at least on of its objectives i strictly lower and none of the objectives is higher. The
solution is considered non-dominated (or Pareto optimal) if there are no other solutions
dominating it. Figure 2.4 shows the Pareto optimal solutions of a problem supposed to
maximize two objectives. The set of Pareto optimal solutions is often called the Pareto
front.

There are several methods that can used to address multiple objectives. These methods
can be divided into two separate groups – a priori (the objective preference is given or the
objectives are scalarized) and a posteriori (generating the set of non-dominated solutions
after the searching).

NSGA-II

NSGA-II [14] is one of the most used a posteriori multi-objective optimization methods for
evolutionary algorithms. The method works as follows: First, the individuals are evaluated.
Then, the Pareto front of the current population is taken and assigned the fitness value
(rank) of 1. In the next step, the individuals dominated just by the individuals with fitness
of 1 are taken and are assigned the fitness value of 2. This process repeats until all the
individuals have the fitness value (rank) assigned.

The crowding distance parameter is then calculated for the individuals. This parameter
represents the distance of a particular individual to its neighbours. The larger the average
crowding distance in the population is, the better diversity of the population. The idea
behind the crowding distance is to support the individuals that differ from the rest of the
population to maintain the population diversity.

The parent selection is usually performed by a binary tournament selection. An in-
dividual is selected if it has better fitness (rank), than the other one. In case they have
the same fitness value, the winner is the individual with greater crowding distance. After
the application of variation operators, whole population (old individuals together with new
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offspring) is sorted again and then the best individuals are chosen for the next generation.
The result of the evolution is a set of non-dominated solutions found during the run.

2.3 Hardware/software Co-design
In the 90’s the use of electronics and microprocessors in industry and consumer devices such
as TVs, game consoles, and mobile phones started to grow rapidly. This caused significant
rise of the demand for embedded systems. The embedded systems combine hardware and
software part. Therefore, the needs for new methodologies capable of designing such systems
emerged. The following sections deal with the description of architectures used in the field
of embedded systems and a methodology that transforms the initial specification to a final
design ready for manufacturing. As the thesis is focused on helping the designer in the
process of a system design by means of evolutionary techniques, the current state-of-the-art
in the field of evolutionary hardware design and evolutionary hardware/software co-design
is included as well.

2.3.1 Universal microprocessor

The basic microprocessor is composed of three main parts – the arithmetic logic unit (ALU),
the control unit (CU) and the internal memory (usually in a form of registers). ALU
performs the arithmetic and logic operations upon the data provided. Loading of the data
and their transfer to the inputs of an ALU is carried out by control unit that controls the
data flow inside a processor. Besides the data flow control, the control unit also performs
fetching and decoding of the instructions.

From the embedded systems point of view, the use of microprocessors offers several ben-
efits. Most of these benefits come from the microprocessor itself, i.e. a universal computing
unit. This allows to employ the same microprocessor for various tasks. Furthermore, the
connection with other parts of a system can be made using the existing solutions. This
significantly reduces the time needed to design the system. The use of a microprocessor is
less expensive than designing an application specific integrated circuit in the case of lower
production volumes.

The generic nature of universal processors has, however, its downsides. The main prob-
lem is low performance for some class of applications, and on the other hand, high power
consumption for other applications. In such cases, the use of application specific integrated
circuit or FPGAs can be the only choice despite higher expenses for development.

2.3.2 ASIC

Application specific integrated circuits (ASIC) are the opposite of generic architectures.
They are designed usually for a particular purpose (e.g. for cell phones) to meet challenging
design constraints in terms of power consumption, area and performance. One of the
biggest benefits of ASIC is the ability to place all the necessary parts of a system on single
chip. Therefore, it is possible to combine digital and analog circuits inside one chip. The
downside are high expenses of design and fabrication. The use of ASIC is, therefore, suitable
mainly for mass production, where the design costs are distributed among a large number
of produced circuits.

As the aforementioned facts imply, the use of custom ASIC technology is suitable mainly
for mass production. For lower production volumes, other approaches (e.g. FPGA) are

12



Instruction

Instruction
Decoder

Status
Register

Opcode
Decoding

Address
Field

Processing

Microprogram
Counter

Next Microinstruction Address

Control
Signals

Microinstruction Address Change

Control
Memory

Branch
Logic

Figure 2.5: Microprogrammed controller scheme

more suitable. FPGAs have traditionally been used for rapid prototyping, but they are
currently an important component of many applications. Nevertheless, there are still some
applications, where the use of an ASIC is mandatory, either due to lower costs in the case
of mass production or due to the requirements given on the final system (e.g. area, power
consumption), which cannot be met using other technologies.

2.3.3 Microprogram Architectures

Designing a controller for a modern processor employing a complex instruction set is a
complicated task. A microprogram architecture is an architecture where the high-level in-
structions are performed by executing several lower-level instructions (microinstructions)
that control the operation of the underlying hardware. A simplified schema of a micropro-
grammed controller is shown in Figure 2.5. Its operation is basically fetching an instruction,
finding the appropriate block of microcode, executing the microinstructions from the block,
then fetching next instruction etc.

Encoding of the microinstructions in a memory can in principle be done in two ways. The
microcode can be horizontal or vertical. In the case of a horizontal microcode, every item
directly contains the values of control signals. In vertical microcode, the microinstruction
is encoded using a specific coding system. Therefore less memory is needed, but decoding
takes longer.

Microprogram architectures simplify the design of complex systems by representing some
parts of the system by a microprogram. Software development is usually less complex than
development of a hardware performing the same function. Nowadays, the microprogram
architectures are used in high-performance CPUs, where they implement complex instruc-
tions. Another usage of microprogram architectures can be, for example, in low-cost digital
systems in which it is too expensive or power demanding to employ a processor (e.g. for
preprocessing the output of a sensor).
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2.3.4 High Level Synthesis

High Level Synthesis (HLS) deals with the conversion of system description at high level
of abstraction to a description at a lower level while maintaining the constraints given [11].
Regarding the digital system description, several levels of a detail can be used (see [5]). The
goal of the synthesis is the conversion of a behavioral description to the RT level. Then, RT
level design is transformed to lower levels using well-known methods [31, 17]. Using HLS
in the system design brings many advantages, in particular, shortening the design time,
supporting algorithmic design verification, possibility of creating multiple implementations
etc.

In some cases constraints can be handled as objectives and vice versa. There can be,
for example, a requirement constraining maximum area and minimal processing frequency.
However, the goal may be to find not just a solution that meets both constraints, but to
optimize the area under the frequency constraint. These objectives are often conflicting (e.g.
the smaller the area, the lower the frequency is), which implies the existence of a Pareto
front of optimal solutions. This can be addressed by using a multi-objective optimization
method (see Chapter 2.2.2).

2.3.5 HW/SW Codesign Overview

During the design of a system, one of the major steps is to choose, what parts of system will
be implemented in hardware and what parts will be performed by software. This decision is
usually based on several factors, for example the target costs of the system, the performance
requirements or its power consumption. The process of dividing the system to HW and
SW part is called partitioning and can be performed in numerous ways.

In a traditional design flow, the system is immediately partitioned into HW and SW
components. First, the hardware part is synthesized and the result is used as a base for
software part design. Then, the software part is compiled and integrated with the hardware
part. Then, the simulation can take place and if the results do not satisfy the requirements,
the partitioning has to be changed and the whole complicated process has to be repeated.

On the other hand, in the field of HW/SW codesign, the development of HW and
SW part is performed concurrently. The flow of a general codesign approach is shown
in Figure 2.6. First the system description is converted to a unified hardware/software
representation. Using the unified representation, an arbitrary partitioning can be performed
dividing the system to HW and SW part. HW part is synthesized and SW part is compiled.
These processes take place concurrently. Finally, the HW and SW part are integrated
and the resulting system can be simulated. If the design fulfils all the requirements, the
codesign process stops. Otherwise a re-partitioning is performed and the process repeats,
until a sufficient design is found. It should be noted that the key factor is the unified
representation allowing to transfer parts of the system from HW to SW and vice versa.

2.4 EA in HW/SW co-design
In the field of HW/SW co-design, various tools have been developed to help designers
with particular phases of the design process. These tools frequently employ optimization
algorithms. In some cases EAs were integrated to these tools. One of the most developed
tools, the MOGAC system, employs a multi-objective genetic algorithm that partitions and
schedules embedded system specifications consisting of multiple periodic task graphs [16].
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Figure 2.6: HW/SW codesign approach according to [54]

A different GP-based approach to hardware/software codesign has been proposed by
Deniziak and Gorski who evolved the co-design process itself using genetic programming,
i.e. the chromosome represents the design decisions. The result of evolution is a method for
constructing the target system [15]. It should be noted that in this case, the algorithm to
be implemented by the target system is known and only the co-synthesis process is evolved.
Our approach is supposed to evolve even the algorithm itself.

2.4.1 Bio-inspired architectures

Biologically inspired engineering applies biological principles known in nature to the study
and design of engineering systems. This section discusses the bio-inspired principles uti-
lization in the field of hardware/software co-design.

MOVE processor In the context of bio-inspired hardware, the most interesting rele-
vant approach is Tempesti’s hardware/software co-evolution of programs and cellular pro-
cessors [45]. It is built upon the idea that the operation of multi-cellular organisms relies on
the specialization of the cells. This implies that the physical structure of a cell is adapted
to its function. From the hardware point of view, there is an obvious need of reconfigurable
processing elements. Tempesti used the MOVE paradigm [10]. Then, he conducted experi-
ments, whose goal was to transfer parts of the original purely software implementation of a
problem solution to a hardware while maintaining area constraints. It has been successfully
validated against several benchmarks and the speedup achieved ranged from approximately
1.1 to 5.7.

Genetic Parallel Programming Another relevant approach, genetic parallel pro-
gramming (GPP), has been developed to evolve parallel programs for processors containing
multiple ALUs [9]. Based on LGP, it enables to automatically map a problem on paral-
lel resources and evolve a corresponding parallel program. It was shown to successfully
solve various classes of problems, for example, symbolic regression, data classification or
Fibonacci sequence generation. Although the parameters of the underlying HW (number
of ALUs, registers etc.) can be specified, they do not change during the run. Therefore,
GPP cannot be considered as an evolutionary HW/SW co-design platform. On the other
hand, the designer has the ability to specify the level of parallelism wanted.
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Chapter 3

Concurrent evolution of HW and
SW

We have seen in the previous chapter that evolutionary algorithms (genetic programming
in particular) have been employed to design programs as well as hardware. Only to a
little extent programs and hardware were optimized together. The main objective of the
thesis is to investigate whether and to what extent an evolutionary design based method
can evolve a program (SW, for short) concurrently with a programmable computational
platform (HW, for short) running the evolved program. From the computer architecture
perspective, this problem can be seen as a concurrent development of hardware and software,
simply, HW/SW codesign.

The proposed method is focused on HW/SW codesign of application specific micropro-
grammed architectures. The main goal is not to develop a framework that can be used
to evolve a HW/SW system for arbitrarily complex problems. The framework is meant
to design and optimize small microprogrammed systems for very specific problems with
constraints on various attributes such as area, speed or power consumption. Typical usage
of these HW/SW systems would be in capturing and preprocessing the data from a sen-
sor in low cost systems. The proposed model of such system consists of three parts: (i)
programmable microarchitecture, (ii) program in memory and (iii) environment providing
primary inputs and consuming the outputs.

3.1 Proposed platform
This section introduces first version of the HW/SW platform developed for experiments
with concurrent evolutionary design of HW and SW. After introducing the HW microar-
chitecture, the programming model and the evolutionary algorithm, results of an initial set
of experiments are reported.

3.1.1 HW microarchitecture

In order to provide a minimal reasonable HW for our target applications, we employed a
well know scheme of a configurable data path that is controlled by means of a microprogram
stored in the memory. Figure 3.1 shows that the architecture consists of several intercon-
nected basic components. The whole HW/SW system operates iteratively by executing the
instructions of a program (see instruction processing steps in Chapter 2.3.3).
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Some of the parts (e.g. registers and modules) can be changed either by a user or by
the optimization method, while the others are hard–coded and cannot be changed without
modification of the framework’s source code. Another noticeable fact is that modules are
not directly interconnected. Therefore, information can be moved among the modules
just via registers. The advantage of such connection is the possibility to use the modules
simultaneously.
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Figure 3.1: HW architecture

Modules can be thought of as black boxes with computational behaviour. Basically,
module is specified by several parameters, namely: number of inputs and outputs, area,
power consumption, delay and a function specifying module outputs based on the inputs
and its internal state. The area, power consumption and delay parameters do not influence
module’s function, but are used by a framework to optimize the overall architecture.

The architecture definition also contains the registers specification – the register count
and bit widths. Various register widths are implemented by their masks. When the register
widths are not optimized, the default mask can be used.

The last part of HW architecture that can be specified is the instruction set. The
instruction set has to correspond to the modules used in the architecture. By default, all
the instructions enabled by the modules are supported.

The computational platform from Figure 3.1 can be formalized as follows:

∙ i is the number of inputs

∙ o is the number of outputs

∙ R = {𝑟1, 𝑟2, ...𝑟𝑟} is a set of registers

∙ w : R → N is a funcion setting widths of the registers

∙ A = {𝑀1,𝑀2, ...𝑀𝑚} is a set of available modules

∙ u : A → {0, 1} is a function specifying module utilization (0 – unused, 1 – used)

Although most of the components of a HW part remain static, the functions 𝑤 and 𝑢
can dynamically change the setting of HW during the evolution. Detailed description of
the impact of these functions on the fitness of an individual is given in Chapter 3.1.4.
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3.1.2 SW architecture

The SW architecture specifies the way the program is stored and executed. The program
consists of a sequence of instruction blocks 𝑖1, 𝑖2, ...𝑖𝑠, where 𝑠 is the program size. The
instruction block serves as an envelope containing (i) one or more microinstructions, (ii)
corresponding parameters and (iii) inputs and outputs used by them. The instruction block
can, therefore, be thought of as a single instruction composed of several microinstructions.

Figure 3.2 shows the format of the microinstruction. There is a mandatory header,
which specifies the type of the microinstruction (I/O, branching, module execution). Then
there might be a constant. The constant is utilized by branching, register manipulating
and I/O instructions. Afterwards, the bytes specifying modules’ inputs and outputs follow.
Every input and output of each module used by the instruction is represented by one byte.
This byte can specify the constant (only for module inputs), register index or a range
specification used during the final microinstruction generation.

HEADER CONST I11 I12 I13 O11 O12 I21 I22 O21

0 31 63 71 79 ...

MOV JMP LOAD MODULES

0 1 3 7 31

CONST
FLAG

INDEX/CONST

0 1 7

Figure 3.2: Microinstruction format

The program itself is represented by a one–dimensional array of instruction blocks. Ex-
ecution of a program starts at its first instruction block. Then, the blocks are executed
sequentially and the program counter is successively incremented unless a branching in-
struction (i.e. conditional or unconditional jump) is encountered. In the case of branching,
the program counter is modified to point to a given instruction block and the program
execution continues from this point.

3.1.3 The model of the environment

The last part needed for successful simulation of a microprogram architecture function is its
connection with the environment, where it is going to be used. This can be accomplished
by the environment part of the model. The environment can be thought of as a black box
providing the inputs for an architecture and consuming its outputs.

The system allows two ways of specifying the environment. The first is the usage
of a dataset containing the time series for individual inputs and also the timelines of the
expected outputs. The second supported approach is defining the environment by a reactive
finite state machine which generates new inputs for the HW/SW system on the basis of
the HW/SW system outputs and an internal state of the environment. Formally, it can be
thought of as a Mealy machine, where the symbols of the input alphabet are a combination
of action (input/output), signal index and time. From the implementation point of view,
this mechanism is represented by two callback functions of an environment class. Enabling
these two functions represents a comfortable way to model reactive systems, where the
current input value can be based on a system state (that can be changed according to the
system interaction) and current logical time.
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3.1.4 Evolutionary framework

Having the model of the problem defined, the evolution framework can be specified. This
framework is supposed to serve as a tool for evolutionary design and optimization of
HW/SW systems. First of all, it is crucial to define which parts of the HW/SW sys-
tem can be changed by the evolution framework. Considering the HW, there are three
parts that should be included – registers, modules and instruction set. In terms of SW
there is only one entity to be evolved – the program body itself.

Considering the fact that the SW part of the system is represented by a one–dimensional
array of instruction blocks and the programs are executed in a sequential manner, Linear
Genetic Programming [7] seems to be the best choice for the framework. This consideration
can be supported also by an analysis of available tools of similar nature. GPP [9] and 𝜇GP
[43] approaches evolve programs written in imperative languages and subsequently evaluate
them against a particular processor (arbitrary microprocessor in the case of 𝜇GP). Both
these approaches were successfully used and no serious limitations were observed. There-
fore LGP seems to be a good representation for the purpose of the proposed framework.
However, to be able to evolve also the HW part of the system, LGP has to be modified.
The modifications will be discussed in following sections.

Encoding of HW/SW architecture

Since the individual has to encode both HW and SW part, the chromosome structure has
to be heterogeneous.

HW part of the architecture represents the usage and bit widths of the registers and
the usage of the modules. It is crucial that the program stays valid independently of the
HW architecture changes. For example, when a register is removed, the program still
has to be valid and executable. The proposed method deals with this problem in a quite
straightforward way. Each register has its bit width specified. When the bit width is set
to zero, the effect is the same as if the register was removed, but all the instructions can
be executed the same way as before. If the module has to be removed, it is just marked
as inactive. During the instruction execution the outputs of inactive modules are omitted.
The HW architecture is represented as a heterogeneous array containing integer values
of register bit widths and binary values of modules deactivation all the aforementioned
information.

SW part of the chromosome is encoded in such a way that individual instruction
blocks are considered as genes and the whole program sequence equals to the SW part of a
chromosome. Therefore, the variation operators are applied at the level of whole instruction
blocks and it is not possible to modify the microinstructions inside the instruction block,
as the instruction block usually has its meaning as a whole and should not be modified.

Generating the initial population

Considering the proposed individual encoding scheme, the program can be generated in a
very straightforward manner. It is sufficient to randomly generate the instructions according
to the maximal program length specified. The value of the parameter is generated randomly
for each instruction block regardless of its type. It is then up to the simulator to resolve
the problems (e.g. limiting the jump if it targets outside the program range).
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Computing the fitness function

As the problem is inherently multi-objective, the fitness is not just a single value. There
are four objectives to be reflected in the fitness – speed (performance), area, power con-
sumption and functionality (i.e. correctness of the output signals). The overall fitness can
be represented as:

𝑓 = (𝑓𝑎, 𝑓𝑝, 𝑓𝑠, 𝑓𝑜)

It should be noted that speed, area and performance values are not based on a synthesis.
For the sake of speed and simplicity, basic circuit parameters are just estimated using simple
models in the course of evolution as it is usually done in the evolvable hardware community
[49].

The area fitness is estimated according to current bit widths of the registers and the
deactivation flags of the modules (i.e. only the active modules are suppossed to occupy an
area on a chip). Basically, the area fitness is a normalized reciprocal of a sum of active
modules’ areas plus registers’ areas. The power consumption fitness is evaluated in almost
the same way. The speed fitness is a reciprocal value of the processing time.

The functionality depends on the HW/SW system outputs generated during the execu-
tion of a program, i.e.

𝑓𝑜 =
1

𝑛

𝑛∑︁
𝑖=1

1

1 + 𝑑(𝑒𝑖, 𝑜𝑖)
,

where 𝑒𝑖 is 𝑖𝑡ℎ item from the sequence of expected outputs (𝑒1, 𝑒2, ...𝑒𝑛) and 𝑜𝑖 is the 𝑖𝑡ℎ

output generated by the HW/SW system. The function 𝑑 is a distance function defining the
distance between the expected output and the output generated by the system. The distance
function implementation can significantly vary among various problems to be solved. It
could be an Euclidean distance, mean squared error aso.

The default functions for the components of the fitness are predefined, but can be
changed by the user. As there are four components of a fitness function, the proposed
method uses NSGA–II as the method for finding non-dominated solutions. Due to the use
of NSGA-II, the tournament selection was chosen as a selection method.

Crossover

After the parent selection, the crossover takes place. Considering the aforementioned chro-
mosome structure there are several crossover methods that can be used. The proposed
framework allows specifying the number of parents and the number of crossover points.
The two point crossover was chosen as default, as it led to the best results on most of the
experiments performed so far.

Mutation

Because the chromosome is heterogeneous in the proposed encoding, certain mutation types
can be performed only on some genes (e.g. a HW mutation can be executed only on genes
from the HW part of the chromosome).

HW mutation can basically influence registers, modules and instruction set. The first
of the mutation types modifies the width of a randomly chosen register. The second type
modifies the module usage (flips a corresponding bit).
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SW mutation can modify the program in terms of instructions, their types, parame-
ters, inputs/outputs specification and order. First of all, the microinstruction is randomly
selected from a randomly chosen instruction block. Then, one of the types of SW mutation
is performed. The first mutation type changes the microinstruction as a whole. The sec-
ond type of mutation changes only the parameter of the microinstruction. The third type
changes the input and output indices of the microinstruction. The last type of mutation
doesn’t modify the microinstruction itself, but its position in a program.

3.2 Basic experimental evaluation
Several basic experiments were carried out to verify the proposed method. This section
contains some of them and also a comparison with similar methods. The computational
effort (according to [26]) was used as a measure for comparison. It is, however, important
to keep in mind that the proposed method has to deal with the concurrent evolution of
hardware and software part, whereas available methods are used to develop just the software
part.

Common experiment parameters If not explicitly stated in particular subsections,
the experiments were performed with the following settings: maximum of 20 instr. blocks,
population size of 5, max. number of generations 200,000, crossover prob. 0 and mutation
prob. 0.7. Two types of modules were used in these basic experiments. The first one
(entitled ALU) implements a simple ALU that can perform addition, subtraction, incre-
mentation and decrementation. The other one (entitled MD) is a module implementing
multiplication and division operations. All operations are performed over 32 bit signed
integers.

3.2.1 Fibonacci series

The goal of this experiment was to find a microprogrammed architecture generating the
first 11 numbers of Fibonacci series. This count was chosen to illustrate the possibilities of
hardware optimization. In this case, the HW/SW system has no inputs and one output.
Two instances of ALU module were chosen as the only available modules. The distance
function, which is the part of the functionality fitness function was defined as number of
hits.

After performing several initial runs, some interesting solutions were found. From the
hardware point of view, this solution used only one of the two available modules. The
registers widths are 6 and 7 bits. Notice the registers have the smallest possible widths to
be able to store the last two desired numbers. Therefore, it is the optimal solution in terms
of total area used.

Results obtained in this experiment were used to compare the proposed method to
other approaches. An average number of evaluations needed to find a functionally correct
solution and a success rate (where available) is given in Table 3.1. The comparison shows
the proposed method is comparable to state-of-the-art methods.

3.2.2 Sextic polynomial

This experiment was chosen mainly to compare the proposed method with existing meth-
ods in the field of symbolic regression, because this experiment is one of the widely used
benchmarks in the field of GP [36]. The polynomial to be found was 𝑥6 − 2𝑥4 + 𝑥2.
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Table 3.1: Comparison of proposed method with other approaches
Average evaluations % Success

Proposed method 1.3× 105 94
Multi-niche GP [35] 2× 105 70
LGP [53] 2.1× 105 N/A
SMCGP [19] 7.7× 105 87
Huelsbergen (machine language programs) [21] 1× 106 N/A
Object oriented GP [1] 2× 107 N/A

The available modules were chosen so all the operations typically used by other methods
were implemented (i.e. 1xADD module and 1xMD module). The environment was defined
to process only the first output of a program for a given input. The termination condition
was set to stop LGP when all the fitness cases of the training set were satisfied by a
candidate program (i.e. it is the number of hits). The allowed error was set to be below 1,
as the experiment was conducted using integers. The computational effort estimated from
100 runs is shown in Table 3.2 together with computational efforts of other methods for
comparison. The proposed method is comparable to GP and GPP and outperforms some
of its variants. However, it is obvious, that the proposed method is outperformed by CGP
and ECGP.

Table 3.2: Comparison of experimental results with other methods
Method Computational Effort Ratio

GPP ℳ1,2 [30] 5,310,000 5.4
GP [26] 1,440,000 1.5
Proposed solution 990,000 1.0
GPP ℳ8,8 [30] 540,000 0.5
CGP [52] 55,692 0.056
ECGP-3 [52] 54,353 0.055

3.3 Summary
It was shown that the proposed method can evolve microprogrammed architectures capable
of solving some of typical problems that were approached by GP in the past. In some cases
the proposed method provides better results in terms of computational effort. The method,
therefore, seems promising for further exploration.

However, the experiments pointed out some problems of the platform. One of them
being the unability to keep a particular value in register without it being overwritten by
another value during a program execution. This problem has to be addressed, as overwriting
the intermediate results would probably cause much serious issues when evolving more
complex programs.
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Chapter 4

Extended platform: Support for
Evaluation of Connected Modules

The experiments described in the previous chapter revealed some limitations of the pro-
posed platform. Those problems were analyzed and appropriate platform extensions were
proposed to resolve them. This chapter describes the individual extensions and their vali-
dation on a set of nontrivial problems.

4.1 Modules topology
The proposed architecture did not allow the evolution to create all useful compositions of
modules. As the modules were arranged in parallel to each other, the only possible way of
using the outputs of one module in another module was storing the results of one module
in registers and passing them to another module in the following instruction. Although this
method allowed the modules to use the outputs of previous modules, such connection could
be (i) quite resource consuming because of the registers needed to store the intermediate
results and (ii) slow because of involving several microinstructions. It was also shown
in previous experiments, that there is a problem that values stored in registers may be
overwritten by products of randomly created instructions. Therefore, the intermediate
results could be overwritten before they could be used in subsequent computations. These
problems could be resolved by allowing the architecture to pass the values between the
modules directly.

Our solution to this problem is quite simple. The modules have to be ordered and
then the inputs of a module 𝑘 are allowed to be connected only to the outputs of modules
𝑗 preceding the current module (i.e. 𝑗 < 𝑘). The connection of an input can be easily
described by an integer like in CGP. However, there are some differences to CGP encoding.
First of all, CGP can use an arbitrary number of nodes of each type (limited just by the grid
size). Regarding the proposed platform, the number of modules (𝑚) is constant. Therefore,
they can be labelled and their order could then be described by a permutation 𝜇 of the set
{1, 2, ...,𝑚}. Such permutation could be hardcoded by a designer, but it would significantly
limit the search space. Instead, it could be beneficial to let the permutation be a subject
to the evolution.

Using permutations encoding in evolutionary techniques is a well-known technique, par-
ticularly in the traveling salesman problem (TSP). There are several problems regarding
the application of variation operators to chromosomes involving the permutations. First
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of all, when using ordinary variation operators, an invalid offspring (permutation) can eas-
ily be generated. Such invalid offspring could be disqualified or repaired. However, both
approaches proved to be computationally expensive.

Another way is the use of special variation operators that are designed to generate only
valid offspring. Many of those operators were proposed and their overview can be found
in [29]. The need to deal with special operators could be quite limiting. However, there
is yet another possibility devised in [47]. This method uses a specialized encoding of the
permutation and allows a direct application of ordinary variation operators. Due to this
advantage, this encoding was chosen for the proposed platform.

4.1.1 Instructions Related Changes

The changes introduced to the HW part of the architecture required some additional changes
in the SW part. Once, more connection options are enabled among the modules, it is
necessary to adequately adapt the range of input and output connections during their initial
random generation and mutation. In the previous version of the framework, the inputs
were allowed to be constants or register indices. To support the interconnections between
individual modules the latter one has to be changed, in order to enable the connection of
the input either to a specific register or to an output of a module which precedes the current
module in the module order specified by the HW part.

The last change imposed by the change of the framework is related to the module
outputs. In previous version of the framework, module outputs had to be connected to
registers. Considering the possibility to connect the module output directly to another
module input, there is no need to store the output of an intermediate module in a register,
as it is subsequently processed as an input of next module. It is now possible for a module
output to be specified as “no reg”, which ensures that the output value can be used by
other modules, but will not be stored to a register.

4.2 Input Modules
Another issue revealed during the initial experiments was the inability of the framework to
process the inputs sequentially by one individual and in parallel by another individual. This
limitation had not been too obvious in the previous version of the platform, as there was
typically just one module operating at a time. However, after introducing the possibility to
create a topology of modules, the need to provide the inputs for all the modules executed
becomes clear.

The idea of our solution came from CGP, where the nodes are connected either to other
nodes or to primary inputs. As this approach proved useful in CGP, its variation was
devised for the proposed platform. The issue was addressed by introducing a new module
type – input module. As each input module represents one input, 𝑘–input system could be
modelled by instantiation of 𝑘 such modules.

It should be noted, that the input modules are not real modules. They are used primarily
to resolve the problem with many IN instructions needed in a program. After the solution
is found, the execution of these modules can be replaced by inserting actual IN instructions
before the instruction in question and connecting the modules to the registers storing the
input values.

24



4.3 Experimental Results
Several experiments were carried out to evaluate the proposed extensions. It is important
to keep in mind that a comparison with other methods can serve only as a rough assessment
of how good the proposed method is, because the proposed method evolves HW and SW
part simultaneously and has, therefore, to explore larger search space than the methods
evolving just a program for a common processor.

4.3.1 Finding the Maximum

This experiment was chosen to verify the ability of the framework to find various (sequential
and parallel) different solutions during one run of LGP.

Problem Description

The task is to find an architecture calculating the maximum out of 8 input values. There are
no further constraints on the number of inputs of the evolved HW part or a processing time.
After providing all 8 input values, all successive values will be zeroes and the zero flag of the
input module will be set, so the architecture can take an appropriate action. The evolution
parameters are listed in Table 4.1. In this experiment a new module type (comparator)
was involved. The comparator module (CMP) has two inputs and two outputs and when
executed, it sends the smaller value to the first output and the greater one to the second
output. The functionality fitness component is defined as the number of correct outputs
from 16 semi–randomly generated 8–tuples.

Table 4.1: LGP parameters used for the Maximum task
Parameter Value
Population size 50
Max. generation count 20,000
Crossover probability 0.05
Mutation probability 0.7
Max. logical time 500
Max. program length 10
Modules used 8xIN, 8xCMP

Results

After performing 3,000 independent runs the results were analyzed. Out of the total number
of 3,000 runs over 62 % have successfully found a solution, with the computational effort of
1,026,114. The evolution was able to find various completely different solutions, including
sequential and parallel solutions. The results were sorted by their area fitness and speed
fitness. For the sake of clarity, the fitness values were scaled to range < 0, 100 > (the higher
the better for both values). The non-dominated solutions are depicted in Figure 4.1.

Figure 4.2 shows one of the solutions evolved. This solution is general, as the inputs
are processed in a loop. During each iteration of the loop, two inputs are loaded, compared
and the greater of them is passed to another comparator, where it is compared with the
value stored in register 𝑟0 and the greater of the values is stored back to 𝑟0. Therefore, the
𝑟0 register contains always the maximum of inputs already processed.
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Figure 4.1: The best fully–functional solutions of the maximum experiment
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Figure 4.2: An example of a solution of a maximum experiment

4.3.2 Parity

This problem was chosen because it is one of typical problems solved using various evo-
lutionary circuit design techniques. Another reason was to find out, whether additional
modifications of the platform, potentially speeding up the evaluation could be used.

Problem Description

In this experiment, the goal is to find an architecture, which computes parity of the binary
inputs provided. The parameters used for the experiment were the same as in the previous
case, but the comparator modules were substituted by XOR modules. The functionality
fitness component in this case was the number of correct outputs.

Results

After performing 3,000 independent runs of LGP the results were evaluated. The compu-
tational effort (2,358,430) was surprising as this value is more than twice as large as in the
previous experiment, though the problem is quite similar and XOR modules have just one
output, whereas the comparator has two outputs.

After some investigation it was concluded that the result is significantly influenced by
the definition of the fitness function. Because the XOR function gives just two possible
results for each input combination (i.e. 0 or 1), even bad solutions can get quite high
fitness. For example, when a candidate solution is a constant (log. 0) producing function,
half of the input combinations are evaluated as correct. Therefore the right solution has
to have a relatively high fitness value before it is considered better than some of the bad
solutions. Despite these problems many correct solutions with various area/speed trade-off
were found. The parameters of the best fully–functional solutions are depicted in Figure 4.3.
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Figure 4.3: The best fully–functional solutions of the parity experiment
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EXEC MODS   // Execute modules by topology
JSMOD4    -1   // Repeat while the inputs are available
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Figure 4.5: Sequential solution for parity

Figure 4.4 shows one of evolved solutions which is fast and resource consuming, but
optimized for 𝑛 = 8 and does not process any subsequent inputs. This form of the solution
is usually evolved by evolutionary techniques that are not capable of executing loops or
creating automatically defined functions (such as standard CGP).

On the other hand, the solution depicted in Figure 4.5 is slower and less expensive. It
is also a general solution to the priority problem, as the inputs are loaded in a loop until
there are no more inputs available. The computational effort can hardly be compared with
other evolutionary techniques as they usually do not use the XOR module, but try to force
the evolution to compose the solution from AND, OR and NOT modules.

4.3.3 Summary

An important conclusion is that the platform can automatically synthesize multiple imple-
mentations, ranging from purely sequential solutions to highly optimized parallel solutions,
for a given behavioral specification. This is obviously a fulfilment of one of the goals defined
for the thesis, as the designer is provided with multiple solutions and can choose the one
best suiting the particular application requirements.
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Chapter 5

Extended platform:
Microinstruction-level modules
deactivation

Throughout previous experiments with the framework, low flexibility regarding the strategy
in which modules are used was detected. In this chapter, the issue is explained in detail and
an appropriate solution is introduced. The proposed extension of the platform is evaluated
with two challenging problems: sigmoid function approximation and image filter design.

5.1 Modules deactivation
The header of a microinstruction includes the information about the modules used. This
information had to be hardcoded in the instruction set and could not be changed in any
way by the EA. Therefore if the architecture should be able to perform various instructions
utilizing different combinations of modules, all such instructions would have to be specified
in the instruction set. For example, if the architecture employs 8 modules, there should be(︀
8
1

)︀
+
(︀
8
2

)︀
+
(︀
8
3

)︀
+
(︀
8
4

)︀
+
(︀
8
5

)︀
+
(︀
8
6

)︀
+
(︀
8
7

)︀
= 254 instructions operating with the modules in the

instruction set. The excessive number of instructions imposes some problems. First, there
is a high probability of destroying vital parts of a program when a mutation changes the
instruction type. Second, if large number of modules is used, there is a high probability
that some important output of a module stored in a register gets overwritten by another
module, which does not have to be used at all.

To address these issues, a modification of the SW part of the chromosome is proposed.
This modification adds another property to the microinstructions encoded in the SW part
of the chromosome (the format of the instructions is not changed). It can be thought of as
a bit string defining which modules are utilized by the microinstruction. These bits can be
flipped by a new mutation operator. During the microinstruction execution the modules
not utilized by the microinstruction are skipped and their outputs are not available as the
inputs for subsequent modules. This way, a particular module can be disabled in context of
individual microinstruction. It should be noticed that deactivated (i.e. unneeded) modules
do not spoil the values stored in the registers. The downside of this approach is that, in case
of deactivation, the inputs of subsequent modules have to be reconnected to other points.
This can possibly lead to producing incorrect results.
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5.2 Case Study 1: Sigmoid Function Approximation
The proposed framework will be evaluated in the task of sigmoid function approximation,
which is an important component of hardware implementations of neural networks. In order
to reduce a bias of the method, only the inputs and expected outputs will be provided in
the training set.

5.2.1 Problem description

A straightforward implementation of the sigmoid function is very resource demanding.
Hence there is a need for its approximation. Most implementations of such approximations
can be divided into three groups: piecewise linear approximations, piecewise second-order
approximations and purely combinational approximations.

The main goal of the experiments is to find out, whether the proposed framework is
capable of finding some of these solutions on its own. As little information as possible
was exposed to the framework so the solutions found can be considered as new designs
discovered by the evolution. In terms of a bit width, the decision was made to use the
fixed-point representation with 6 fractional bits, as according to [46], this precision should
be sufficient for implementing a reliable forward operation of a neural network.

5.2.2 Experiment 1: Using the arithmetic operations

The first experiment was based on the premise that the sigmoid function could be approx-
imated on some interval by another function using less HW resources, but with required
precision.

Experiment setup

The modules allowed for use by the framework were 1 input module, 2 multipliers, 2 ALU
modules and 2 bit shifters. The training set was composed of 32 evenly distributed samples
from the interval [0; 4]. The testing set was the whole set of possible inputs (i.e. 256 values).
The parameters of the evolution are summarized in Table 5.1. The values of population size,
crossover and mutation probabilities were chosen empirically based on previous experiments
and several hundreds of runs with different values of these parameters. The functionality
fitness was defined as

𝑓𝑜 =
100

𝑛𝑠

𝑛𝑠∑︁
𝑖=1

1

1 + (𝑒𝑖 − 𝑜𝑖)2
,

where 𝑒𝑖 is 𝑖𝑡ℎ item from the sequence of expected outputs (𝑒1, 𝑒2, ...𝑒𝑛𝑠), 𝑜𝑖 is the 𝑖𝑡ℎ

output generated by the framework and 𝑛𝑠 is the number of samples. The functionality
fitness could therefore range from 0 to 100. Other parts of the fitness (speed, area and power
consumption) were left to default. The termination condition was set to stop the evolution,
when all the generated outputs are sufficiently precise (i.e. at least first six fractional bits
are correct).

Results

100 independent runs were carried out and the solutions found were then examined to
assess their quality. The framework was able to find the solution in 19 % of runs. The
computational effort needed to find the solution (i.e. 7,520,000) was calculated according to
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Table 5.1: EA parameters used for the first experiment

Parameter Value
Population size 50
Max. generation count 200,000
Crossover probability 0.1
Mutation probability 0.7
Max. logical time 300
Max. program length 10

Table 5.2: Comparison of the computational effort with sextic polynomial symbolic regres-
sion

Problem Method Computational effort
Sextic polynomial GPP ℳ1,2 [30] 5,310,000

GP [26] 1,440,000
Original framework [34] 990,000
GPP ℳ8,8 [30] 540,000

Sigmoid approximation Proposed framework 7,520,000
Previous framework version no solution

[26]. To the best of our knowledge, no study has investigated the same problem. Therefore
the sextic polynomial symbolic regression problem was chosen for comparison as it is a
problem of comparable complexity and it has already been tested with one of the older
versions of the proposed framework. Table 5.2 shows the computational efforts needed to
find the solution by various approaches. Note there was no successful run in the sigmoid
approximation experiment when conducted on the previous version of the framework, while
it succeeded in the sextic polynomial regression experiment with the computational effort
comparable to other methods. The sigmoid approximation could be, therefore, considered
more complex problem than the sextic polynomial regression.

Afterwards the obtained solutions were examined. One of the solutions found is depicted
in Figure 5.1. It implements the formula

𝑦 = 1− 2−1(1− 2−2𝑥)2,

which is the expression realizing piecewise second-order approximation proposed by Zhang
et al. [56].

Figure 5.2 shows that various non-dominated solutions were discovered. The trade-off
between the speed and area fitness is clearly seen.

5.2.3 Experiment 2: No multiplication

The framework was quite often able to find a solution utilizing the multiplier module.
However, multiplication is quite expensive in terms of the area used. Therefore, the next

30



SHR

SUB

x
2

1
r0

r0

1
r1

OUT: 1 - 2-1(1 - 2-2x)2

SUB SHR x, 2 -> im1; SUB 1, im1 -> r1

SUB 1, r0 -> r0

OUT r0

HW SW

MULT
r1

r1 1
r0SHR MULT r1, r1 -> im2; SHR im2, 1 -> r0

Figure 5.1: Example of evolved solution in Experiment 1

20

30

40

50

60

70

40 50 60 70 80 90

A
re

a 
fit

ne
ss

Speed fitness

Figure 5.2: Non-dominated solutions for Experiment 1. The values were computed accord-
ing to [34] and scaled from the [0; 1] interval to [0; 100] interval, where 0 is the worst fitness
and 100 is the best (i.e. no modules used or zero execution time).

step was to find a solution that would not need the multiplier. One of such solutions (the so-
called PLAN approximation) was proposed in [2]. This solution approximates the sigmoid
by 4 linear segments.

Each of the segments is used for some part of the interval. These segments can be
described by the equations and appropriate intervals presented in Table 5.3. In this case,
the multiplications by coefficients can be replaced by bit shifts. The corresponding HW
implementation would, however, be relatively complex as it uses direct transformation of
the inputs to outputs. Finding such a system at once using LGP would probably be nearly
impossible. So the goal of our experiment was just to find a piecewise linear approximation
of the sigmoid function.

Table 5.3: PLAN approximation of the sigmoid function [2]
Function Interval
𝑦1 = 0.25𝑥+ 0.5 0 ≤ 𝑥 < 1
𝑦2 = 0.125𝑥+ 0.625 1 ≤ 𝑥 < 2.375
𝑦3 = 0.03125𝑥+ 0.84375 2.375 ≤ 𝑥 < 5
𝑦4 = 1 5 ≤ 𝑥
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Experiment setup

The setup remained almost the same as in previous experiment except the multipliers being
removed. In the first experiment, only the first output for each sample was processed.
However in the case of linear approximation, it could be beneficial to process more outputs
and choose the one best approximating the sigmoid function for a given sample. This
should enable the framework to evolve a program computing and outputting multiple linear
approximations. The fitness function was specified as

𝑓𝑜 =
1

1 +
𝑠∑︀

𝑖=1
min
∀𝑜∈𝑂

𝑑(𝑜, 𝑒𝑖)

,

where 𝑠 is the number of samples, 𝑒𝑖 is the expected output for 𝑖𝑡ℎ sample and 𝑂 is the
set of outputs generated by the individual for particular sample. Therefore, the program
is allowed to compute multiple approximations for a given sample, output them and the
fitness function will choose the best one. This way, parts of the target sigmoid function can
be approximated by different evolved functions.

Results

Out of 200 independent runs, a suitable solution was found in 2.5 % of cases. Outputs
of one of the most precise solutions are depicted in Figure 5.3. The solution (denoted A)
differs from the original PLAN approximation. This is mainly due to the fact that the
PLAN approximation is not bound only to interval [0; 4] as the evolved solution is. The
evolved solution utilizes this restriction to approximate the last segment of the interval by
constant 0.96875, whereas in PLAN approximation the constant segment is used for inputs
𝑥 ≥ 5. Moreover, the gradient of the third segment differs from the PLAN approximation.
That is, again, probably due to the interval restriction as the evolved solution does not have
to approximate the values between 4 and 5, where the gradient of the PLAN approximation
is feasible.

Two solution (denoted A and B) are shown in Figurea 5.3 and 5.4. It should be noted,
that solution B uses just three linear segments.

Finally, the original PLAN approximation and the two evolved solutions were compared
in terms of the average and maximum error. The maximum error is the same but the average
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error is smaller for both evolved solutions. Therefore those solutions could be considered
superior to the original PLAN approximation in the interval [0; 4].

5.2.4 Experiment 3: Combinational approximation

The last approach is a purely combinational approximation. It is based on the fact that
when both the input and output have a bit width restricted to only a few bits, it is possible
to perform a direct bit-level mapping.

Encoding

The bit widths should be as small as possible while still maintaining the required precision.
As the previous experiments were carried out at the [0; 4] interval, the inputs were chosen
to have 2 integral bits, so the [0; 4) interval is covered. The output is restricted to interval
[0.5; 1], so the outputs were chosen to have 0 integral and 6 fractional bits to provide
the same precision as the previous experiments. The number of input fractional bits was
decided to be 3 as, according to [46], it should provide a sufficient precision for neural
network operation.

Experiment setup

The input was chosen to have 2 integral and 3 fractional bits, therefore the modules allowed
to use by the framework were 5 input modules (one for each bit) providing the bit value and
its complement and 20 Boolean modules. Boolean modules can implement bitwise AND,
OR, NAND or NOR. These modules were chosen to have 5 inputs. Four of them are used
for actual inputs and the last one is used for Boolean operation selection. The number of
20 Boolean modules is quite high compared to experiments performed with the previous
version of the framework. It should, however, assure that the evolution wouldn’t be too
limited by available resources and confirm that the proposed modules deactivation works
as expected. Other parameters of LGP were the same as in previous experiment.

The complete set of all the input combinations was chosen as the input set, because the
goal of the experiment was to find a solution giving the correct outputs for all the input
combinations. As only Boolean operations were used in the modules, a parallel circuit
simulation and compact representation of the truth table with 32 bit integers could be used
(according to [37]). The evaluation of the whole training set was then done in one program
execution. The outputs were processed in the same manner. The evolution was performed
separately for all 6 individual outputs.

Modification of Boolean modules evaluation

After performing several runs, it was observed, that the candidate solutions tend to output
0 or -1 (all bits set). As all possible input combinations are processed at once, it has an
interesting side-effect. The training set contains all the combinations of input bits. As none
of the inputs is 0 or 1 for all the input combinations, none of the 32bit values representing
the inputs can be 0 (all zeroes) or -1 (all ones). The same holds for the outputs. These
values can, therefore, be ignored as they only spoil the computation. The modification was
made that the Boolean module replaces 0 values on its inputs by -1 values when operating
as AND/NAND. When it operates as OR/NOR, the -1 values are replaced by 0 values.
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Table 5.4: Logic equations of the solution
evolved for the second bit

Table 5.5: Logic equations for the second
bit of sig_236p [46]

Term Expression
𝑖𝑚1 𝑁𝑂𝑅(𝑥3, 𝑥0)
𝑖𝑚2 𝐴𝑁𝐷(𝑥3, 𝑥3, 𝑥1)
𝑖𝑚3 𝐴𝑁𝐷(𝑥3, 𝑥2, 𝑥2)
𝑖𝑚4 𝑂𝑅(𝑖𝑚2, 𝑥4)
𝑜𝑢𝑡𝑝𝑢𝑡 𝑂𝑅(𝑖𝑚4, 𝑖𝑚3, 𝑖𝑚1)

Term Expression
𝑝2 𝐴𝑁𝐷(𝑥4)
𝑝4 𝐴𝑁𝐷(𝑥4, 𝑥3, 𝑥2, 𝑥0)
𝑝17 𝐴𝑁𝐷(𝑥3, 𝑥0)
𝑝19 𝐴𝑁𝐷(𝑥3, 𝑥1)
𝑝22 𝐴𝑁𝐷(𝑥3, 𝑥2)
𝑜𝑢𝑡𝑝𝑢𝑡 𝑂𝑅(𝑝2, 𝑝4, 𝑝17, 𝑝19, 𝑝22)

This way, such inputs do not affect the output of a module. This change reportedly lowered
the computational effort by approx. two orders of magnitude.

Results

As the first fractional bit is known to be 1 for the whole positive domain, the first runs
were performed for the second fractional bit of the output. The solution was found and
compared to the solution sig_236 proposed in [46] (see Tables 5.4 and 5.5). The expressions
in the tables use the notation from [46], where the input is of form 𝑥4𝑥3.𝑥2𝑥1𝑥0.

The most important difference is the absence of 𝑥4∧𝑥3∧𝑥2∧𝑥0. After the examination it
was concluded that the absence of this expression is correct, because it gets minimized due
to 𝑥4 input as 𝑥4∨(𝑥4∧𝑥3∧𝑥2∧𝑥0) minimizes to 𝑥4, which is included. Presence of such an
expression in sig_236 could possibly be a mistake or some side-effect of the synthesis (not
reported in [46]). This could happen e.g. in the case when some gates are shared by multiple
outputs. In such case, it would be in accordance with aforementioned disadvantage of
separate outputs evolution. However no evidence has been found to prove this. Afterwards
the solutions were successfully found for all subsequent output bits, therefore the evolution
succeeded in reinventing the sig_236p approximation presented in [46].

These results have shown that the framework can be used to find the solutions for a
wide variety of problems without the need of modifying the underlying algorithms. In most
of the experiments, it was sufficient to specify the inputs and expected outputs, choose the
modules available and define the functionality component of the fitness function.

5.3 Case Study 2: Image Filters
During the last two decades, low-cost cameras were employed in many types of electronic
devices, e.g. mobile phones, laptops, cars and even watches. As the quality of image
preprocessing strongly influences subsequent image processing, the demand for high-quality,
low-cost image filters started to grow. Traditionally, linear filters were the most popular.
However, there are many areas, where nonlinear filters were proven to give better results
[3]. This is strongly influenced by a fact that image signals are usually nonlinear. Another
important requirement is the low power consumption of such filters, as they are often used
in battery-operated portable devices, where the power consumption is a critical factor.
The evolutionary techniques (particularly CGP) have been successfully used to design such
filters [40, 41].
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5.3.1 Problem description

The impuls noise is one of the most common types of noise. It is caused mainly by the
imperfections of an image sensor. There are two basic types of an impulse noise – the salt
and pepper noise and the random-valued shot noise. The first one causes some pixels to
have maximal or minimal value. The latter one causes a random change of some pixels’
value. The experiments will be focused of salt-and-pepper type of the noise.

Nonlinear filter operates with the values of pixels in the neighbourhood of the pixel pro-
cessed. This mechanism is usually implemented using a sliding window function. A sliding
window function provides the values of a pixel processed and pixels in a neighbourhood to
a nonlinear filter and stores the resulting pixel to the filtered image. This way all the image
pixels are processed and the filtered image is produced.

5.3.2 Framework settings

As a training image the 128 x 128 pixel picture of Lena was used. The intensity of a noise
was chosen to be 5 %. The source image is grayscale, so the bit widths of all registers were
limited to 8 bits. As we do not want to bias the evolution towards any particular solution, all
the modules used during previous experiments were allowed.Except these modules, the input
modules were defined in such way that they would provide the values of pixels 𝑝0, 𝑝1, . . . , 𝑝8
currently contained in the sliding window. The default parameters were used except the
maximum number of generations, which was set to 50,000. The fitness function was defined
as comparison of filtered image pixels with corresponding pixels of original (uncorrupted)
image. The termination criterion was set to stop the evolution when 𝑓𝑜 ≥ 0.98 (where
𝑓𝑜 = 1 would be an ideal filter).

5.3.3 Results

After performing several runs, some solutions fulfilling the termination condition were
found. Resulting images were analyzed and some solutions were chosen for analysis. These
solutions were then used to filter the 512 x 512 pixel version of the image. The results of
an evolved filter (denoted as F1) application are shown in Figure 5.5. After the first ap-
plication, the noise was apparently reduced, but there were still some corrupted pixels left.
After the second iteration the noise is significantly reduced and there is no obvious decrease
of image detail. After the analysis, it was discovered, that the solution in fact implements
a simple variant of switching-based filter. . This concept has been already proposed in [44]

(a) Original image (b) Corrupted image (c) F1 - first iteration (d) F1 - second iteration

Figure 5.5: (a) Original image, (b) Image corrupted by 5% salt-and-pepper noise, (c) Image
filtered by one iteration of F1 filter, (d) Image filtered by 2 iterations of F1 filter
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The discovery of a switching filter led to a decision to modify the input modules. Another
output was added to the input module. It outputs 1 if the input is minimal (0) or maximal
(255) value and 0 otherwise. Additional runs were performed and some interesting solutions
were found. One of them (denoted as F2) is shown in Figure 5.6.

After the examination of the individual, it was observed, it is, in fact, a variation of a
median filter restricted to a subset of pixel’s neighbourhood. It should be noted that the
𝑟7 register holds its value over several instructions. Similar features were not observed in
the previous version of the framework. The extensions made to lower the register volatility,
therefore, proved beneficial. The application of this filter is shown in Figure 5.7. The noise
is significantly reduced even after one iteration. After the second iteration, the noise is
almost eliminated and there is no obvious loss of detail.

(a) Original image (b) Corrupted image (c) F2 - first iteration (d) F2 - second iteration

Figure 5.7: (a) Original image, (b) Image corrupted by 5% salt-and-pepper noise, (c) Image
filtered by one iteration of F2 filter, (d) Image filtered by 2 iterations of F2 filter

The evolved filters F1 and F2 proved suitable for filtering a low-intensity noise. Then,
they were applied to the images corrupted by a higher-intensity noise (50% salt-and-pepper
noise). The results are shown in Figure 5.8. The other methods chosen for comparison
were (i) ordinary median filter, (ii) adaptive median filter [22] with the maximum size of
5 (denoted AMF5) and (iii) AM-IEPR method proposed by Chan [8]. The methods were
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compared in terms of peak signal-to-noise ration (PSNR). The higher the PSNR value, the
better image quality. The F1 filter is obivously outperformed by the other methods. The
F2 filter produces results comparable to ordinary median filter and AMF5 filter, but is also
outperformed by AM-IEPR filter in terms of PSNR and level of detail preserved.

(a) Original image (b) Corrupted image
PSNR: 8.77

(c) Median filter
PSNR: 22.89

(d) F1 - 1 iteration
PSNR: 11.76

(e) F1 - 5 iterations
PSNR: 22.75

(f) AMF5
PSNR: 28.26

(g) F2 - 1 iteration
PSNR: 13.78

(h) F2 - 5 iterations
PSNR: 32.10

(i) AM-IEPR
PSNR: 37.28

Figure 5.8: Comparison of the filters on an image corrupted by 50% noise

5.4 Summary
In this chapter the framework was extended with the possibility to deactivate the modules at
a microinstruction level. The proposed extension was evaluated on two non-trivial problems
– sigmoid function approximation and non-linear image filters design.

The extended framework was able to evolve variations of well-known sigmoid function
approximation algorithms (two sequential and one combinational). In the case of combi-
national sigmoid approximation, the human designed sig_236 method was reinvented. In
the case of non-linear image filters, the framework was able to evolve a switching-based
median filter performing comparable to commonly used adaptive median filter even for a
high-intensity noise.
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Chapter 6

Conclusion

The main objective of the thesis was to investigate, whether it is possible to create a
framework that will help the user with the design of microprogram architectures using
the evolutionary techniques. To the best of our knowledge, there is currently no such
framework supporting concurrent evolution of hardware and software. The framework was
supposed to provide the user with various implementations showing good trade-off between
key system parameters (e.g. area, power consumption). Developing such framework is
really a challenging task and designing the complete framework from scratch would be
almost impossible. Therefore, we decided to design the framework iteratively, starting with
the initial version and extending it based on the results of experiments performed. The
ultimate goal was to develop a framework capable of solving real-world problems only on
the basis of training data provided.

6.1 Goals
In Chapter 1.1, the main objective was split to several sub-goals. The following parts
discuss, how and to what extent these sub-goals were fulfilled.
Goal 1: The most important point was to specify, how complex the evolved system should
be. The field of embedded systems ranges from small systems designed for a simple ap-
plication to really large systems containing multiple processing units performing really
complicated tasks. The proposed framework was, on the contrary, supposed to help with
a system design and optimization at a lower level. Therefore, the main target are simple
application specific embedded systems – specifically the microprogram architectures. Af-
terwards, the state-of-the-art in the field of evolutionary algorithms and hardware/software
codesign was analyzed. The survey is given in Chapter 2. Based on this survey, the model
of the architecture was proposed and the evolutionary method was chosen.
Goal 2: Based on the requirements mentioned, the first version of a framework was de-
signed and implemented. The encoding of the individuals was chosen and several variation
operators were proposed, that are able to modify the hardware and software parts of the
individuals. The components of the fitness function, that represent the key system param-
eters, were proposed including their default implementations. The detailed description of
the framework was given in Chapter 3.1.
Goal 3: Several simple experiments were carried out to validate the functionality of the
framework. The first experiment proved the ability of the framework to optimize the so-
lution in terms of area. Overall, the proposed method performed comparable to other
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methods, but in the case of sextic polynomial, it was clearly outperformed by CGP and
ECGP. However, the experiments proved functionality of the framework and also discov-
ered some weak points of the framework were identified. Detailed information about the
experiments can be found in Chapter 3.2.
Goal 4: There were two important weak points – the volatility of the registers and the
inability to process inputs in parallel in a convenient manner. The first problem was ad-
dressed by allowing the architecture to make direct connections among modules without
the need to pass the values through the registers. This significantly lowered the probability
of overwriting the intermediate values before they get processed. The second extension was
the support of input modules allowing to process the inputs in parallel. These extensions
are described in detail in Chapters 4.1 and 4.2.

The extensions were validated by several experiments. During the experiments, both the
extensions proved beneficial. As a result, the framework was able to find several variants of
solutions exhibiting various trade-offs. Some of the solutions were sequential, processing the
inputs one-by-one, whereas other solutions were parallel, processing all the inputs at once.
The solutions found formed a Pareto front allowing the designer to choose the most suitable
solution based on particular requirements. The results and examples of the solutions were
presented in Chapter 4.3.

Throughout these experiments the problem of registers volatility was encountered again.
Another extension was made allowing the modules to be deactivated at the level of microin-
structions. This extension proved useful in lowering the probability of spoiling the register
content.
Goal 5: Finally, the framework was validated on more complex problems. The first set
of the experiments was focused on effective implementation of sigmoid function approxi-
mation (see Chapter 5.2). Various sequential implementations of sigmoid approximation
were evolved, some of them realizing the well-known piecewise second-order approximation
or PLAN approximation. The last variant of the approximation was purely combinational
and was, in fact, a reinvention of the sig_236 approximation proposed in [46].

The second set of experiments was supposed to evolve an image filter reducing salt-and-
pepper impulse noise (see Chapter 5.3). In this case, the framework was able to evolve the
concept of switching-based filter proposed in [44]. After minor modifications, the variation
of switching-based median filter was automatically generated that performed comparable
to the filters commonly used.

Summary

The proposed framework proved its ability to evolve a hardware platform concurrently with
a program in such way, that the user is provided with multiple implementations exhibiting
various trade-offs between key system parameters. The framework was successfully used to
solve a set of problems of varying complexity. It was able to evolve solutions of real-world
problems and even to reinvent some of the concepts previously published as new inventions.

There are still many challenges not addressed by this thesis. The most important one
is eliminating the inherent scalability problem if the approach should be used to solve more
complex problems. But it is a general problem of the problem solving methods based on
evolutionary design principles.
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